Distribution of the radius of convergence for a random gap power series with pairwise independent and non-identically distributed random coefficients is considered. The obtained results generalizes theorems of L. Arnold and M. Roters.
Introduction
Let (Ω, A, P ) be a probability space and f = f k (ω) be an increasing sequence integer numbers m k ∈ Z + (k ∈ Z + ), where Z + := N ∪ {0}. By K(m) we denote the class of formal random power series of the form
The radius of convergence R(ω) := R(ω, m) of f ∈ K(m) one can find by the formula of Cauchy-Hadamard 1/R(ω, m) = lim k→+∞ m k |f k (ω)| for fixed ω ∈ Ω. In the case of the sequence f of independent random variables f k by Kolmogorov's Zero-One Law ( [4] ) the random variable R(ω) is almost surely (a.s.) constant, i.e. R(ω) = R ∈ [0, +∞] a.s. The case when (|f k |) are identically distributed independent random variables is treated for m k = k (k ≥ 0) in [1] and for any sequence m = (m k ) in [2] . The case of the pairwise independent random variables (|f k |) and m k = k (k ≥ 0) is considered in [5] . In this paper we consider for an arbitrary sequence m = (m k ) in the case when (|f k |) are non-identically distributed, in general, pairwise independent random variables.
Main Results
Theorem 1. Let f ∈ K(m). Suppose that |f k (ω)| are pairwise independent with the functions of distribution
Then we have:
Proof of Theorem 1. a) We first assume that R(ω) ≥ ρ ∈ (0, 1] a.s., i.e.,
By the definition of lim
∞ k=N A k is the event "(A k ) infinitely often". Remark that P (C) = 1 and therefore P (C) = 0. Then by the refined second Borel-Cantelli lemma (see, for example, [3, p.84 
k )) = +∞ and by the refined second Borel-Cantelli lemma P (C) = 1, where
Hence, R(ω) ≤ ρ a.s.
Proof of Theorem 2. a) We denote
and by the Borel-Cantelli lemma
Thus R(ω, m) ≥ ρ a.s. b) We assume that R(ω) = 0 a.s. Then by the definition of lim
and thus
P (C) = 1. Thus by the Borel-Cantelli lemma we get
Corollaries
We need the following assertions Proposition 1. Let f ∈ K(m) and |f k (ω)| be pairwise independent.Then:
Proof of Proposition 1. ) dF b (x) < +∞ it follows that for every ε > 0 : Remark. Corollary 1 was established in the case of identically distributed independent random variables (i.e. F k ≡ F ) in [1] , and Corollary 2 in the case m k = k (k ≥ 0) in [5] .
